1. Introduction. In the preceding paper [4] it is proved that the monotone extension property (Hahn-Banach extension property) of a pair [G, V] , where G is a semi-group and V is a boundedly complete vector lattice whose positive cone is sharp and has a vector interior point, is equivalent to the property that there exists an invariant mean definable on the space of bounded real valued functions on G. It is the purpose of this paper to remove the interior point restriction on V.
The notations and definitions are the same as in [4] except the following slight modification. A semi-group G has the monotone (Hahn-Banach) extension property ii and only if [G, V] has the monotone (Hahn-Banach) extension property [2] for every boundedly complete vector lattice V whose positive cone is sharp.
Theorem.
If G is a semi-group the following statements are equivalent: (1) G has the monotone extension property. (2) G has the Hahn-Banach extension property. (3) G has an invariant mean.
The equivalence of (1) and (2) has been proved in [2] , that (1) and (2) imply (3) has been proved in [3] . One needs, therefore, only consider the proof that (3) implies (1). As an immediate corollary is a generalization of a theorem of Kreln and Rutman [l, Theorem 3.1].
Corollary. Let Y be an ordered linear space whose positive cone C has a vector interior point y0. Let G be a semi-group of operators on Y such that g(C)EC and gyo=^syo, gEG, where Xo>0. Then if G has an invariant mean, there is a positive distributive functional F on Y with F(gy) =Xs77(y), gEG.
Proof. Let G he the set of operators {g=g/^0\gEG}. Since \g> =\g\g>, G is a homomorphic image of G and y0 is a fixed point of G. Let X he the onedimensional subspace spanned by yo. Since yo is a vector interior point (y-\-X)(~\C?±0 for every yE Y. Hence the function/: X->real numbers defined by/(yo) = 1 can be extended to a monotone function F invariant under 5. Thus F(gy) =\QF(gy) =\.F(y), yE Y.
